In the sequel the abbreviation ONP will be used to denote such a set of polynomials. Given any f unction ƒ (#) for which the integral f a p(x)f(x)dx exists, the set of ONP associated with p{x) may be used to construct the formal expansion 00 y» b
(1) ƒ<» ~ £ OnPnip, *). <*.
-I p{t)f(t)Pn(p, t)dt.
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Much attention has been given to the convergence properties of such series for particular choices of p(x). In the succeeding pages known results on this problem are extended by means of what seems to be a new type of proof. Let \pn(pu x)} and {p n (pt, x)} be two sets of ONP with different weight functions pi(x) and p*(x) and let n (2) s n (f; pu x) « 23 a ki p k (pi, x), i « 1"2, denote the partial sums of nth. degree for the two corresponding expansions (1) associated with f(x). In § §S and 6 below certain sufficient conditions will be established for the validity of the relation
n-n© that is, conditions under which the two series mentioned are equiconvergent. It should be stated that the emphasis of the paper is upon method rather than upon specific conditions. The discerning reader will easily see arrangements for the weight functions which yield variations of the conditions cited. The materials from the theory of ONP that are needed in the proofs to follow are quite elementary and are collected for reference in §2. Two lemmas are the subject matter of §3 ; from them the remainder of the paper follows essentially as a series of corollaries.
Some interesting relations between bounds for related systems of ONP are indicated in §4. These are obtained as by-products of the method of proof for the equiconvergence theorems.
2. Notations and formulas* The symbol (a, b) will denote the closed interval a^x^b.
It will be assumed without further mention that any weight function and any function ƒ(x) for which a series of type (1) is used will satisfy the conditions set forth for such functions in the introduction. The symbol L 2 (p; a, b) will denote the class of all measurable f unctions ƒ (#) for which the integral
for an arbitrary polynomial 7r n (x) of degree n. Also
In (8), c n is the leading coefficient of p n (p, x) and one has (9) 0 < c n /c n +i ^ C = max of | a\ and \b\. 3. Two inequalities. The remaining sections of the paper will be devoted to comparisons of the two sets of ONP, {pn(pi, %)} and {pn{p2, x)} 7 for which the weight functions will be assumed to have the forms
or special cases thereof. The following blanket hypotheses will be made concerning the individual factors involved in (10). ( 
b) The polynomial w q (x) and the function <r(x) are such that the product T q (x)<r(x) is measurable and bounded on (a, b) by a constant M%. (c) The polynomial w m (x) and the function a(x) are such that the quotient T m (x)/a(x) is measurable and bounded on (a, b) by a constant Mi.
for all k and n such that m^k^n. The constant C is the bound indicated in (9).
PROOF. Since T q (£)pi(p2, £) is a polynomial of degree j+q in £, one has
In view of (6), the left member of (12) is dominated by eu)
The first term in (14) is clearly bounded by the first term in (12) on the right. In the second term of (14) the range of integration must be broken into the three intervals (a, £ -e) t (£ -e, £+e) and (£+e, b). Using (8), (9), condition (c), and the inequality |£ -#| £*€(£), the contribution to the integral in that term from the first and third subintervals is found to be dominated by
Use of (8), (9) and (11) shows that the contribution to the integral under consideration from (£ -e, £+e) is dominated by
Combining all these results one has (12).
The following special case of Lemma 1 is of special importance in the applications. LEMMA in (a, b) for which w q (£) is different from zero there is a number H%(^) such that \p n (pu £)| èHi for all n, then there exists a number H2(Q such that \ p n (p2, ê) \ ûH^for all n. Moreover, if for every point of some closed subset of (a, b) on which w q (x) is different from zero the bound Hi exists and is independent of x, then H2 exists and is independent of x on that set.
Let the hypotheses (a) and (b) be satisfied. If the quotient T m (x)/(x(x) satisfies the Lipschitz condition
PROOF. Obviously
0= f P2(f)p n (p 2 ,t)T q (!;)Kn-l(p2;!;,t)dt.
Combining this with (13) for j = n, one has and it is easy to show that the hypotheses are satisfied.
It is fundamental in such applications that the factor p(x) need not be integrable for the proofs of Lemmas 1 and 2. One merely makes sure of the integrability of the products pi(x), p 2 
(#), T q (x)a(x) t and the quotient T m (x)/<r(x).
Equiconvergence theorems. Walsh and Wiener [5]
have given a necessary and sufficient condition for equiconvergence of two general orthogonal series. Their sufficiency condition will be given below in a form suited to the study of ONP. PROOF. TO demonstrate the inequality (18) set The case above using Theorem 3 essentially includes a theorem of Szegö [4; Theorem 13.1.2, p. 307]. The case using Theorem 2 is comparable to results of Peebles [2] . The methods of the present paper are certainly more elementary and more direct than those used by either of the above authors. 
